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Kal A" 1a§ng Eomrepivou MevikoU Aukeiou yia To oxoAIko étog 2013 — 2014
Metd atrd oxeTiKA €ioriynon Tou IvoTtitoutou EkmaideuTikhg MoAITIKAG (TTpdgn 20/10-06-2013
A.Y) oag ammooTEAAOUNE TIG TTAPAKATW odnyieg yia mn didaokaAia Twv Mabnuatikwv g I 1édéng

Huepnolou kal A” 1aéng Eotrepivou IMevikoU Aukeiou yia To oxoAiké €1o¢ 2013 — 2014.

MAOGHMATIKA OETIKHZ-TEXNOAOTKHZ KATEYOYNZHZ

MEPOZ A’: AAyeBpa

Kedbdhawo 2° (Mpoteiveran va StateBolv 12 S18akTikéC WPEC)

ElbkoOTEpQ:

§2.1 - §2.2 (Npoteivetat va tateBolv 5 SIOAKTIKEG WPEC)

§2.3 (MNpoteivetal va StateBolv 5 SI8AKTIKEG WPEG).

Katd tn Sibaokalia Twv Tplwv mapamdvw moapaypddwv mpoteivetal vo §00sl éudacn otn YEWUETPLKA
gpUNVEia TWV PLYoSIKWY aplOpwyY Kal Twv IBLOTATWY TOUC, o€ cuVOUAOUO LE YWWOELS amo ta Madnuatikd
KateUBuvong tng B' Aukeiou kat tnv EukAeidetla Newpetplo.

OL 6U0 (2) WPEC TTOU ATIOUEVOUV OO TOV GUVOALKO aplBUo TwV MPOTEWVOUEVWY wpwv, va Statebouv yia

emiluon aoknoswv amo to cUVoAo tou kedadaiou.


http://www.minedu.gov.gr/

MEPOZ B’: AvaAuon

Kedbdhawo 1° (Mpoteiveral va StateBo0v 33 SLEAKTIKEC WPEC)

ElbkoOTEpQ:

§1.1 (Npoteivetal va dtateBel 1 SL6AKTIKN wpa)

To meplexopevo g mapaypddou autng ivat onpelo avadopadg yla ta endpeva. OL IEPLOCOTEPEC ATIO TLC
£VVOLEC TTOU TtepLéxovTal lvat NN yVwoTEG 0ToUG LaBNTEC. MU auto n Sibaokalio Sev MPEMeL va oTOXEVEL
otnv €€’ umopPXNS AVAAUTIKN TAPOUGLOoH YVWOTWY EVWoLWY, dAAG oTo va Sivel “adopuéc” oToug HabnTég
va avatpéxouv ota BLBALA TwV TponyoUHeEVWY TAEEWVY Kal va eMavadEPOUV OTN UVAN TOUG YVWOTEC €V-

VOLEG KOLL TIPOTACELG TIOU Bl TLG XPELOLOTOUV OTOL EMOUEVAL.

§1.2 (Npoteivetal va SlateBolv 2 SLEAKTIKEC WPEG)
Na 800el €udaon oTLg EVoleg TNC LOOTNTAG KAl TNG oUVOEONG CUVOPTACEWY KOL OTN XPron Kol epunveia

TWV YPOPLKWV TTAPACTACEWV.

§1.3 (Npoteivetal va SlateBolv 3 SLOAKTIKEC WPEG)
A) Na yivouv aoknoelg eAéyxou tng tdlotntag 1-1 péoa and ypadnuara.
B) Ztnv doknon 3 (ogA. 156) va peAetnOel n povoTovia TwWV CUVOPTHOEWVY TIou Sidovtal oL YpadLKEG TouG

napaoctacelg. Na yivouv kot GAAEC TETOLOU TUTIOU QLOKIOELG.

§1.4 (Npoteivetal va SlateBolv 3 SLEAKTIKEG WPEG)

Me &eb0opévo OTL 0 TUTILKOC 0PLOUOC Tou oplou (oel. 161) dev cupmnephappavetal otnv VAN, va 600l Ba-
pog otn SLoeOnTikn mpooéyylon tng €vvolag Tou opiou. AnAadn, va yivel mpoomdBela, péoa anod ypadikeg
TIAPACTACELG KATAAANAWY CUVOPTACEWY, VO ATIOKTACOUV OL HaBNnTEC pLa KoAn lkdva Kat va anodeuyxbolv
TIAPAVONOELG, TIoU oo tn BLBAloypadia £xel TpokUPEeL OTL SnULoupyoUVTAL CUXVA OTOUG HaBNnTEG, yla TNV
£vvola tou opiou. Na toviotel I8laitepa, péoa amo KATtAAANAEC YpadLKEC MOPAOTACELG, OTL N CUUTEPLPO-

PA TNG OUVAPTNONG OTO CNUELD X, SV EMNPEBTEL TO OPLO TNG OTAV TO X TEIVEL OTO X, , KABWG KaL OTL N TWUA

tou lim f(X) kabBopiletal, and tig Tpég mou maipvel n cuvdptnon Kovtd oto X, . AnAadr, SVo cuvapth-
X—Xo

OELG TIOU €XOUV TLG (6LeG TIUEG O éva SLdotnua yOopw amd to X, aAla pnopei va Stadépouv oto X, (raip-
vouv SLadOPETIKEG TLUEG 1) N HLa opileTal kat n @AAn Sev opiletal i kauio Sev opiletal) £xouv To (610 6pLo
otTav To X Teivel oto X, (oxoAwod BiAio, oel. 158-160). Na toviotei, emiong, 6tL n Umapén Tou opiou Sev
OUVETIAYETOL [OVOTOVia, KATL TToU OMw¢ TPoKUTTeL and t BBAloypadia sivol cuvnOilopévn mapavonon
TwV padntwv, oUTe OUWG KoL TOTUKN povoTovia Se€Ld Kat aplotepd Tou X,, SnAadn povotovia og éva S1d-

OTNHO 0PLOTEPA TOU X, Kol o€ éva dlactnua Se§ld Tou X, . Ma To OKOTO QUTO UMOPEL va XpNOLUOToLN-



BoUv ypadLKEC TAPACTACEL KATAAANAWY cuvaptrnoswy, Tou Ba oxedlaotouv pe tn BorBela AoyLoULKOU,

. , . 1 .
onwg eivat yia mapadewypa n f(X) =X-gu— (IxApa 1).
X

1
f(x)=x-1m;

'
t
04

Iynua l

Eniong, emeldr) moAAol pabntég Bewpouv OTL Otav £va OpLo SV UTTAPXEL TA TAEUPLKA OPLAL UTIAPXOUV Kol

elvat Stadopetikd, va 00ouv ypadikd kat va culntnBolv mapadeiypota mou eV UMAPXOUV TO TIAEUPLKA

. . . 1 .
opua, onwg ya mapadewypa n f(X) =ngu— (IxApa 2).
X

r:]

§1.5 (Mpoteivetal va StateBolv 6 WPEQ)
TNV evotnTa auth 6ev £XEL VOO Ll AOKOTIN aoknololoyia mou oL pabntég unoAoyilouv opLa, KAVOVTAG
xpnon aAyePplkwv de€lotnTwy. Itn AUon Twv 0oKNCEWV va Inteital and toug pabntég va tovilouv TIg L-

S10TNTEG TWV OpPLWV TIOU XPNOLUOTIOLOUV, WOTE Ol AOKNOEL OUTEC VA OTTOKTOUV OUGLAGCTIKO TIEPLEXOLEVO
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amnd mAeupdg Avaiuong, KatL mou Ba BonBrnoel otnv avamtuén Tng Katavonong amd Toug abntég tng €v-

4

, . , . , L X —
volag Tou opiou. Mo mapddelypa oe epwtroelg Onwe «vo Ppebet to lim 3

» (aoknon 3i) Ba mpénel
x>2 X°—8

va {nTeital and Toug HabnTéC va aLTLOAOYNOOUV TIOLEG LOLOTNTEG TWV Oplwv XPNOLUOTIOLOUVTOL OTO EVOLA-

4
X" —16
peoo oTddla péxpL tov TEAKO umoloylopd, va TpoPAnpaTioTolv av oL f(x):3—8 Ko
X i

(x> +4)-(x+2)
X2 +2X+4

elvau {oeg kat, adou Slamiotwoouv OTL eV gival logg, va dikaloAoyroouv ylati

g(x) =

€xouv loa opla. Emiong o aoknoelg 6mou n cuvaptnon opiletal pe StadopeTikd TUMO o SU0 cuvexOUEVA
SdlaotApata, Onwc m.X. N aoknon 5 (ogh. 175), va {nteital atttoAdynon ylati oto onpeio aAlayng tov tu-
TIOU E(MO0TE UTIOXPEWHEVOL VO EAEYXOULE TO TIAEUPLKA OpLa, VW oTo GAAa onueia tou medlou oplopol
propoU e va BpoUpe To OpLo XPNOLUOTIOLWVTAC TOV avtioTolyo TUmo. AnAadh, va daivetal OTL oL HabnTég

Katavoouv OTL To O6plo kaBopiletal amd Tig TIHEG TNG CUVAPTNONG KOVTA OTO X, Kat ekatépwBev autou.

AuTO pog eTuTpEmneL ota onueia ta SLadopeTIKA Ao To X, va XPNOLUOTIOLOUHE TOV £va TUTIO, EVW OTO X,

TPETEL VA TTAPOU LE TIAEUPLKA OpLaL.

§1.6 (Mpoteivetal va StoteBolv 4 SI6AKTIKEG WPEC)
Na 600l Bapog otn SLalednTikn MPocEyyLon NG £Volag e TN XpHon Ypodkwy mapactacswy. Ektoc and
ta napadeiypata tou BLPAlov va §00oulv, péoa amnd KATAANAEG YpadLKEG TTapaoTAoeLg, Tou Ba oxebla-

otouv pe tn Ponbeta Aoylopikou, mapadeiypata Omou To 0plo Sev sival menepacpévo aAAd Sev UTIAPXEL

.1 1
povotovia, Omwg ). IIrT;—Z-(n,u—+ 2) (Zxua 3), wote va anodeuxBel n mapavonon mou cuvsEeL TRV
X—>. X X

Umapén pn MEMEPACUEVOU OPIiOL OTO X, LE TN povoTovia.
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§1.7 (Mpoteivetal va SlateBouv 4 SIEAKTIKEG WPEC)
Na 606el Bapog otn datadntikn mpocyylon tng €vvolag. Na 50000V, péoa amd KataANAEC ypadLKEG TTa-

POOTACELG, TTOPASEIYUATA CUVAPTHOEWY TWV OTMOLwV TO Oplo, OTOV TO X TELVEL OTO +°°, UTAPXEL AAAA OL
. . . , , , , fx) = . ,
OUVOPTAOELG QUTEG Sev eival povatoveg, onwg sivat yia mapddewypa n f(X) =—— (IxApa 4), kabwg Kat
X

OUVAPTIOEWY TWV OTMOLWV TO OpLo eV UTIAPXEL, OTAV TO X TEIVEL OTO +°°, OMWCE ELVaL yLa TTAPASELYA N

f(X) =npx.




. . .1 .1
Ta opta: lim x", lim x", lim = kot lim —, va oulnnBouV pe Tn Xprion YPodKwy MapaoTAcEwWY,

X—>+00 X—>—00 X—+0 Y X——0 ¥
Tou Ba oxedlootouv e Tn BonBela AOYLOULKOU, KL TIVAKWY TLUWVY, LE 0TOXO0 Vo avtiAndBolv dloodntika
oL HaBnTEG Tola eival To Opla AUTA.
H teAevtaia napdypadocg, menepacpevo 6plo akoAoubiag, va culntnOel ylati Ba xpelaoTel yla To OpLOpE-

VO OAOKARpwHO.

§1.8 (Mpoteivetal va StateBolv 10 SISAKTIKEG WPEG)
TNV MPWTN evotNTa (0pLOMOG TNG cUVEXELAG) va oulntnBoULV Kot ypadlkd MopadelypLaTa CUVEXWY CUVAP-

tNoewv pe medio oplopol €vwon &Evwv SLaoTNUATWY, OMWC €ival ylo TOPASELYUA Ol CUVOPTHOELG

1
P00 = (xfuas) ka g(x) = VX* =1 (3xrApa 6).
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Kal va oulntnBel ylati To ypadnua Twv cuVAPTHOEWV QUTWV SLAKOTITETAL, TTAPOAO Ttou eival cuvexeic. Na
60000V 0TOUC LABNTEC KAl OXETLKEC ACKNOELC.

Eniong, katd tn Sidaokalia Twv Bewpnuatwy Bolzano, evOLAUESWV TIHWV Kal HEYLOTNG KAl EAAXLOTNG TL-
UNG, KaBWwg Kal TG mPOTaoNC OTL N CUVEXNG €LKOVA SlaoTatog eival Staotnua, va 800l éudaon Kat va
oulnNTnOoULV oL ypadIKEG MAPOOTACELG TTOU AKOAOUBOUV TIC TUTILKEG SLOTUTIWOELG OLUTWYV, WOTE OL HaBNnTEG
va fonBbnboulv 6TNV OUCLAOTLKN KOTAVONGN TOUC.

To Bewpnua Bolzano eival To MPWTO OUCLOOTIKA BewpnUA TTOU CUVOVTAVE oL paBntég otnv Avaiuon. MNa
QUTO elval KaAo va yivel pia oculntnon mou va adpopd TNV avayKaloTnTo Twy UNoBEcEWV ToU BewpAUaTOq
avaAoyn He To oXOALo TOU Bewpruatog Twy evlapeowy TIHwV (oel. 194). Eniong Ba mpémel va tovioBetl
OTL Sev LoxLel To avtiotpodo. AnAadn evEEXETAL OL TLUEC HLOC OUVAPTNONG OTO AKpa evOg KAelotoL &La-

otiuatog [, f] tou mediou oplopou thg va éxouv To (610 MPACNKO, N CUVAPTNON VA PNV Eivat cuvexig

oto [a, f] kot 6pwe va maipvet tnv Tiun 0 o€ éva ecwtepikd onueio tou [a, f].

Kedbdhawo 2° (Mpoteivetan va StateBoiv 38 S16aKTIKEG WPEC)

§2.1 (Npoteivetal va SlateBolv 7 SLOAKTIKEG WPEG)

Na 600l £udaon otnv swoaywyr tng €vvolag PECW TOU TPOBAAUATOC TG OTLyULaiag TaxUTNTOC KAl TNG
edamTopévng. META TOV 0pLOUO TNG TTAPAYWYOU KAl TNG PAMTOPEVNC YPADLKAC TOPACTOONC CUVAPTNONG
(ogl. 214) va oculntnBel avaAutikdtepa n Evvola tng epamtopévne. Emiong, va 60000V napadeiypota mou
Ba BonBrioouv Tov PadnNTr va OVAKATACKEUAOEL TNV ELKOVA TNG €PATITOUEVNC TTOU €XEL Ao Tov KUKAO (N
edaAMTOUEVN EXEL £Va KOO ONUELO Kol Sev KOBEL TNV KAUMUAN) Kol va OXNUOTIOEL LLOL YEVIKOTEPN ELKOVA
yla tnv epoantopévn euBeia. Na mapadslypa, mpoteivetal va culntndouv kat vo 50800V oToug HabnTég
VpodLKA:

i) H edamtopévn tng ypadikig napdotaong tng ouvdptnong f(X) = x® oto onueio O, wote va Katahd-

Bouv 6tL N edamnTopévn pLog KAPMUANG mopet va Stamepva tnv KAUmuAn Kat

X%, avx<0

i) H edamtopévn Tng ypadikig mapdotacng tng cuvdptnong g(x) = {O 0 oto onueio O, w-
, avx>

OTe VoL KATOAGBoUV OTL pLa nuLeuBeia g epamtopévng Hlag KOUMUANG UMOPEL VoL CUUTTIMTEL Pe éva
TUAMA TNG KAUTUANG Kol ETLTAEOV OTL n edbamTopévn plag euBeiag oe kABe onuelo TNG CUMTIMTEL pe

v euBeia.



§2.2 (Npoteivetal va SlateBolv 2 SLOAKTIKEC WPEC)

Na ripooexBei WSlaitepa To Bépa TNG KATAVONONG amd Toug HadnTég Twv pdAwv Tou h kattou X otnv ék-

f(x+h)— f(x)
h

dpaon f'(X)= Ihlng TIoU Xpnotpornoleital oto BLBALO YL TOV UTTOAOYLOUO TNG TTAPAYWYOU

TWV TPLYWVOUETPIKWVY ouvaptnoswyv (ogh. 225). Na toviotel n Sltadopd mopaywyou o€ onUeio KoL mapa-

YWYOUu ouvaptnone.

§2.3 (Mporteivetal va StateBolv 5 SISAKTIKEC WPEG)

Na 600el Bapog otnv mapaywylon cUVOETNG cuvaptnong Kabwg Kol atnv mapatipnon tng oeAidag 234
, , , dy , ,
OXETIKA UE TO OTLTO cUUPOAD d_ bev elval mnAiko.
X

Jtnv edpappoyn 2 (o). 236) mou adopd otnv epantopévn Tou KUKAOU va TovioTel OTL n elowon g gu-
Belag mou PpiOnke pe BAon tov avaluTiko oplopo TNG edpanmTtopévng eival dla pe autr mou yvwpilovpue
armd TV OVAAUTIKH YeEwUeTpla. Autd yla va otabepormolnBel otoug padntég n avtidnyn otL n évvola tng
£DATTOUEVNG TIOU TIPAYUATEVOVTOL OTNV AVAAUGCN CUVSEETAL KOL EMEKTELVEL TNV €vvola TNG EPATITOUEVNG

TIOU YVwploave otn yewueTpia.

§2.4 (Nporteivetal va SlateBolv 2 SL6AKTIKEC WPEG)
H évvola tou puBuou petofoAng eival onpavtiki Kal SelXVEL TN onuacio TnG £évvolag Tng mapaywyou OTLG
edapuoyég. Na to Adyo autod Kohd eival va yivel mpoomdBeta oL HadNnTEG VoL KATAVOROOUV TNV €vvola Kot

va 60UV OPLOPEVEC XPNOLUEC EDOPUOYEG.

§2.5 (Mpoteivetal va StateBolv 3 SLEAKTIKEC WPEG)
Na 600¢ei €udaon otn yewUeTpLkn gpunveia Twv Oswpnpdtwv Rolle kat Méong TG Mou UTIAPXEL OTO
OXOALKO BLBALO peTA TN SaTuMwon Twv BewpnNUATWY aUTWV. EMeldn oL pabntég €xouv XpnNOLUOTOLOEL TO
Oswpnua Tou Bolzano, og acknoelg onwg n ebappoyn 1 ii) propei va culntnBei mpwta n duvatdtnTa o-
nodel€ng He xprion tou Oewpnuartog Bolzano kat va ¢avel otL dgv pmopolpe vo edapUOCOUE OUTO TO
Bewpnpa. Etol paivetol 6tL to Oswpnua Rolle amotelel oucLAOTIKO pyaAEio Kol yLa TETOLEG TIEPUTTWOELC.
S(2,5)-S(0) (

25 péon taxvtnTa tng Kivnong) He

Ytnv edappoyn 3 va yivel oulntnon Tt ekdpalel To mnAiko

O0TOXO VO KATAVONOOUV Ol HaONTEC OTL AUTO ToU amodelkvUeTal ival OTL Katd tn SLapKeLo TNG Kivnong
UTLAPXEL TOUAGILOTOV HLOL XPOVLKA OTLYUN KOTA TV omola n otwyploia toxutnto Ba sival lon pe tn péon ta-
XUTNTo Ttov £iXe TO auTokivnto o OAn TNV Kivnon.

EvaAhaktikd, Ba pmopoloe va culntnBel otnv apyxn Tou kepahaiou To Yeyovog, OTL KATA TN SLAPKELA TNG
Kivnong evog aUTOKLVATOU KATOLA OTLYU TNG SLadpounG N oTyplaio Taxutntd tou Ba ival ton pe tn péon
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TaxUTNTA TOU (KATL TTOU oL HaBnTéG To aviihapPavovtal dLatoBnTikd). 2tn ocuvexela, va Slatunwbel n pa-
Bnuatikn oxéon mou ekdpAlel To YEYOVOC aUTO, Kol va TeEBEL TO EpWTNUA 0V TO CUUMEPACUA UITOPEL va ye-

VIKEUBEL KalL yLa. AAAEG CUVAPTHOELS. H amavtnon otnv epwtnon autr elval To Oswpnua Méong TLUAC.

§2.6 (Mpoteivetal va SlateBolv 4 SLEAKTIKEC WPEC)

Ztnv apxf tneg SidaokaAiag avutol tou kedbolaiov propel va cuvdeBel n povotovia plog ocuvdptnong f

{CARICA N

oc éva dldotnua A tou mediou oplopol NG Ue TtV Slatipnon tou Adyou HeTaBOANG
X2

SLdoTnua auTod. SUYKEKPLUEVQ, va arodelytel 6tL n ocuvdptnon f eival:

f(x,)-f
M >0, dnhadn, av Kat pévo av OAeg oL xop-
X, =X

8éc tng ypadwknc mapdotaonc tng f oto Swdotnua A éxouv Betikr kKAion.

i) yvholwg avéovoa oto 4, av Kal Hovo av

f(x,)-f
ii) yvnoiwg ¢Bivouoa oto 4, av kat povo av M <0, 6nhadn, av kat pévo av OAeg oL xop-

X, =%

8éc tnc ypadwnc mapdotoong tng T oto Sudotnua A éxouv apvntkh KAlon.

Me tov tpomo autd Ba ouvdebel n povotovia pe TV mapdaywyo kat Ba SikatoAoynBel To ylotl otnv amo-

F00)-0x)

2

6e1€n tou Bewpnpatog tng oeAidag 253 xpnouomnoloUpe To Adyo petaBoAng

§2.7 (MNpoteivetal va SlateBolv 5 SLEAKTIKEC WPEG)
§2.8 (Mpoteivetal va StateBolv 3 SLI6AKTIKEC WPEG)

§2.9 (MNpoteivetal va SlateBolv 4 SL8AKTIKEG WPEG)

Ma pa Staodntikn katavonon tou Kavova De L' Hospital mpoteivetat, mptv tn Statumwon tou, va §00el

) ) . Inx L , 0 , .
OTOUG MaBNTEG va utoAoyioouv To IIrT}:L—2 , To omolo ival ¢ popdng « 6 ». OL paBntég Ba Slamiotw-
X—>. — X

oouV OTL SuckoAeUovtal va uTtoAoyloouv To 6pLlo aUTO He TIg PeBoSoug mou yvwpilouv péxpl Twpa. Ma va
Tou¢ BonBrooupe va umoAoyloouv To mapandvw opLo mpoteivoupe va 500l og autol¢ n akdAoudn dpa-

otnploTNTO.



APASTHPIOTHTA

i) Na mapaotioete ypadikd oto i§lo ocloTnpa cuvtetayuévwy Tig ouvaptrioelg f (X) =InXx ko
g(x)=1-x".
ii) Na anodeifete OTL OL EDAMTOUEVEG TWV YPADIKWY TAPACTACEWY TWV f KAl g GTO KOO Toug onUeio

A(1,0) eivar oL euBeieg €1 y =x—1 kaw {1y =—2x+ 2 avTLOTOIXWG KAL VO TLG XOPALETE.
iii) No KAVETE XPFoN TOU YEYOVATOG OTL «KOVTA» 010 X, =1 ot Tpég twv ouvaptioewy f (X) =Inx

Kat g (X) =1—X? mpooeyyilovral amd TIC TWEC TwV EDATTTOLEVWY TOUC y=X-1kat y=-2X+2 yw va

KQTOAREETE OTO CUUMEPOOHA OTL «KOVTA» 0To X, =1 n Tur tou mnAikou

> €lval katd mpoogyyion

1-x

. . . x-1 . . .
lon He TNV T Tou mnAikou —2, dnhadn ot «kovtd» oto X, =1 oxvel:
+

In x x-1 x-1 1

1-x2  —2x+2 —2(x-1) "2

Tou eival to mnAiko Twv KAloEwv Twv mapandavw eubeLwv.
). '@
——r]—=
g(x) 9'(1)

ISR

=ig(x) g'(1)

Emouévwg, «kovtd» oto X, =1 woxvet , TO OTtolo UTO popdr oplou ypadetat:

ZXOAI0

H Swamniotwon tou yeyovdtog 6Tl «kovtd» oto X, =1 ot tég twv ouvvapticewv f (X) =InX kat
g (X) =1-x° npogeyyilovrat amo TG TIHEG TwV edanmTopévwy Toug Y = X—1 kat Y =—2X+2 pnopei va
yivel kat pe t BonBeta evog Suvapikol Aoylopikou (my. Geogebra), wg €€ng:

Naplotdvoupe ypadkd TG ouvaptioslg Yy =INX ot y=1—X2 KOl OTN OUVEXELD XOPAOOOUUE TLG
edpamntopeveg toug Y = X—1 kat Yy =—-2X+ 2 avriotoixwg (oxnua 7).

Enewta, kdvoupe alendAMnAa ZOOM kovtd oto onueio A(L 0). Oa mapatnprcoupe 6t n y=Inx 6a

ouunécel e tnv eubeia y=x-1,evwn y=1—- X® Bo CUMTEDEL pe TNV euBeia y =—-2X+2 (oxiua 8).
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Y, y=-2x+2 y=x.!',”
%
-

§2.10 (Npoteivetal va dlatebel 1 Sidaktikn wpa)
OL 800 (2) SLOAKTIKEG WPEC TIOU QUIMOMEVOUV OTTO TOV CUVOALKO apLBO TWV TIPOTEWVOUEVWV WPWV VA SlaTe-

BoUv yLa emilucn EMAVAANTITIKWY ACKNOEWV.

Kedpdaro 3° (Mpoteivetat va StateBolv 20 S1SAKTIKES WPEC)

§3.1 (Mpoteivetal va SlateBouv 2 SI6OKTIKEG WPEC)
A) Na 806l éudaon ota mpoPAnpata mou Slatuntwvovtal oto oXoAlkd BLBALo oTtnv apxr TN eVvOTNTAS Kol
va TOVLOTEL N onuacia tng avtiotpodng dtadkaciag Tng mapaywyLons. Oa Atav Kalo va culntnbouv Sie-

€061KA oplopéva amo autd i GAAa avaAoya, woTe va PokKUPEL N onUacia TNg apxlknG cuvaptnonc.
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B) Na oulntnBel povo n mpwtn napaypadog mou adopd oTnv Mapdyouca cuvaptnon. To adploto olo-
KANpwpa mopaAsinetal kot avti Tou mivaka adplotwv oAokAnpwpatwy (oeA. 305) va o0&l o mapakdTw

TUVAKOG TWV TTAPOYOUCWVY LEPLKWV BACLKWY CUVAPTNOEWV.

A/A Juvaptnon Mapdyouoeg
1 f(x)=0 G(x) =c, CER'
2 f(x)=1 G(x)=x+c, ceR
1
3 f(x)== G(x)=In|x|+c, ceR
X
Xa+l
4 f(x)=x" G(x) = +c, cell
o+1
5 f (X) = ovvx G(X)=nux+c, cell
6 f(X) = nux G(X) =—ovvx+c, cell
1
7 f(X)=— G(X)=epx+c, ceR
ovv X
1
8 f(X)=— G(X)=—-opx+c, ceR
nux
9 f(x)=¢" G(x)=e*+c, ceR
10 f(x)=a" G(x):a—+c, cell
Inoa

Znueiwon:

Ot tumot Tou mivaka autoU LoxUouV oc kade Sldotnua oTo ortoio oL MUPAOTHOELS TOU X TTOU gU@avilovtal
£Youv vonua.

OL 800 LBLOTNTEG TWV 00PLOTWY OAOKANPWHATWY 0TO TEAOC TNG oeAibag 305 pmopouv va avadlatunwBouy
WG €§AG:

Av otouvaptrioelg F kot G eival mapayovoegtwv f kat g avtotoixwg kato 4 eival évag mpaypatikdg

oplBuac, Tote:
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i) H ouvaptnon F +G eival pla mapayovoa tng ouvaptnong f +g kau
ii) H ouvdptnon AF eival pla mapdyouca thg ouvaptnong Af .
Ol epapuoy£c twv oeAibwv 306 kat 307 va yivouv pe T XpHon Twv apxlkwyv ocuvaptrioswv. Na AuBolv po-

VO oL aoKNoEeLg 2, 4, 5 kat 7 tng A" Opadag.

§3.4 (Npoteivetal va dlateBolv 5 SLOAKTIKEC WPEC)

Na yivel avaAuTika To MPWTOo UEPOC TToU adopd oTov UTIOAOYLoUO Tou gpBadou apaBoAikou xwplou. Itn
OUVEXELD VA YIVEL SLoLaONTIKN TPOCEYYLOoN TNG £VVOLOG TOU OPLOUEVOU OAOKANPWUOTOG Kal va cuvoeBel pe
1o euPadov otav n cuvaptnon Sev MAipveL APVNTIKES TUUEG KOl LE TOV UTTOAOYLOUO TOU TtapaoALlkol Xw-
pilou mou mponynBnke. Na yivel n epapuoyr tou BLRALOU yLa To oAoKANpwHa oTaBePAG CUVAPTNONG KoL oL

18LOTNTEG TOU akoAouBouv.

§3.5 (Mpoteivetal va SlateBolv 5 SLOAKTIKEC WPEG)

Na 800¢el éudaon oto oxoAlo mou adopd 6TNV EMOMTLKA AnOSeLl€n TOU CUUMEPACUATOC.

§3.7 (Mpoteivetal va SlateBolv 4 SL6AKTIKEC WPEG)
OL 4 S160KTIKEG WPEC TIOU ATTOUEVOUV (aTtO TOV CUVOALKO 0plBd Twv wpwv Tou mpoteivetal va StateBolv

yla to kepahalo autd), mpoteivetal va SlateBouv ylo emiAucon EMAVOANTTIKWY 0LOKAOEWV.

A’ TAZH EZMEPINOY FENIKOY AYKEIOY
MAGHMATIKA OETIKHZ - TEXNOAOTIKHZ KATEYOYNZH2

H Slaxeilplon eival n idla pe tnv mpotewvopevn yia t I Taén tou Huepnoiou Mevikol Aukelou, PE TNV OKO-
AouBn Sladopomoinon we mpog tic wpeg Stdaokaliag ava kepahatlo Kal mopaypado:

MEPOZ A’: AAyeBpa

Kedbdhawo 2° (Mpoteiverat va StateBolv 15 S1EaKTKEC WPEC)

ElbkoOTEpQ:

§2.1 - §2.2 (Npoteivetat va tateBolv 6 SIOAKTIKEG WPEC)

§2.3 (MNporteivetal va StateBolv 7 SL8AKTIKEG WPEG).

OL 800 (2) wpec ou amopévouv amnd tov cUVOALKO aplBud Twv TPOTEWVOUEVWY WPwV va Statebolv yla -

TiAuon acknoswv amnod to cUVoAo Tou Kedalaiou.

MEPOZ B’: AvdAuon

Kepdharo 1° (Mpoteivetatl va StateBolv 38 S15aKTIKEG WPEC)
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ElbkoOTEpQ:

§1.1 (Npoteivetal va SlateBolv 2 SLEAKTIKEC WPEC)

§1.2 (Npoteivetal va SlateBolv 2 SLEAKTIKEC WPEC)

§1.3 (MNpoteivetal va dlateBolv 3 SLOAKTIKEC WPEC)

§1.4 (Npoteivetal va dlateBolv 4 SL6AKTIKEC WPEG)

§1.5 (Npoteivetal va SlateBolv 7 SL6AKTIKEC WPEG)

§1.6 (Mpoteivetal va StoteBolv 4 SI6AKTIKEG WPEC)

§1.7 (Npoteivetal va SlateBolv 5 SLOAKTIKEC WPEG)

§1.8 (MNporteivetal va dtateBolv 11 SLSAKTIKEG WPEC)

Kedbdhawo 2° (Mpoteivetan va StateBolv 46 §18AKTIKEC WPEC)

§2.1 (Npoteivetal va SlateBolv 8 SLEAKTIKEC WPEG)

§2.2 (Npoteivetal va SlateBolv 3 SLEAKTIKEC WPEG)

§2.3 (MNpoteivetal va SlateBolv 6 SLEAKTIKEG WPEG)

§2.4 (Npoteivetal va StoteBolv 4 SI6AKTIKEG WPEC)

§2.5 (Mpoteivetal va StateBolv 5 SIEAKTIKEG WPEG)

§2.6 (Mpoteivetal va SlateBolv 6 SIEAKTIKEG WPEG)

§2.7 (Mpoteivetal va StateBolv 7 SI8AKTIKEG WPEG)

§2.9 (Mpoteivetal va StateBolv 5 SLEAKTIKEG WPEG)
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OL 800 (2) SLOAKTIKEG WPEC TIOU OMOKEVOUV OO TOV GUVOALKO apLlBUO TwV TIPOTELWVOUEVWV WPWV Vo Slate-

BoUv yla emilucn EMAVAANTITIKWY QCKNOEWV.

Emionuavon

1. Ot tomot (nuy) =ovvy (oe\. 224) xat (ovvy) =-nuy (oeX. 225) va dobovdv -
pig armodetln xabwg xat

2. H Aoxnon 8a wmg B' Opadag (oeA. 96-97) va d1daxbel wg epappoyr) ya va
PIIOpEl va xprolponoteitat oty emAvor aoK1)oemV, Y®Pig arrodetdn).

3. 210 e10ay®yKo Keipevo (oel. 233) Tng mapovoiaong g £vvolag g Iapay -
you ovvbetng oovaptnong, 1 oovdapTon Yy =7u2X va avtikataotadel amo pia alAn,
yla napadetypa tmy y = In2x

((mzx)’ _(In2+Inx) =(In2) +(Inx) :0+§:%).

4. Ao 1 Sdaktea-eSetaotéa LA eSalpovvTal ot AOKI|oelg ToL OYOAKOL BiPAi-
OL TIOL AVAPEPOVTAL O¢ TOIOVG TPLYOVOHETPIKOV appwv abpoilopatog yoviev,

dapopdg yovinv Kat SuIAdotag yoviag.

O1 3103O0KOVTEC VO EVNUEPWOOUV EVUTTOYPOPOA.

O YNOYProz

KQNZTANTINOZ APBANITOMNOYAOZ

EowrT. Alavoun

pageio Ytroupyou

pagpeio Yeuttoupyou

Mpageio Nevikou MpappaTéa
Alvon Zmmoudwv A.E., TuAua A’
A/von ExkAnolaoTikig EkTr/ong
Alvon 1diwTikng EkTi/ong

A/von MN.0.A.E.

Alvan EidIkAg Aywyng

A/von Opydvwong kal Aiegaywynig E¢etdoswv
ZEMEA
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